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A B.B. Cranosy6, B.E. Besosépos, B.B. Benbrit

OB HHBAPHUAHTHBIX CBOHMCBAX
OBOBUHIEHHOI'O JIOTHCTHYECKOI'O
OTOBPAXEHHUA

AHHomayus: [ina 0606w eHHOr0 NOrUcTUYecKoro 0ToBpaMeHna NOCTpoeH.l
rpaHuysl 06NacT MHHBAPUAHTHOCTH

Hato4essie crosa: JlorucTudeckoe oTobpakeHue, WHBAPHAHTHbIE CBONCTBA

Beenenne

B nonynsiuonHoR 6Hosiormm wacto paccMaTpuBaeT s HTepallHoH-
HBIH IIPOLIECC T, T1, T2, . .., Zn,. . . NOPOK NEHHBIH TAK HAbIBAEMBIM JIO-
THCTHYeCKHM oTobpaikenneM L (z) = Az (1l —z). Do orobpakenne
TIOKA3bIBAET KAKHM 00pasoM YHCJICHHOCTE NOMYIISIHE 8 HaHHBIH rof
Tn+1 S3ABHCHT OT YHCJIEHHOCTH NONYJISIHH B IPENLINYIL HE PO T,

Tnt+1 = AZn (1 — $n) (1)

To — H3BECTHAH BEJINYHHA;
n=0,1,2...

Taxmm o6pasom, nuckperabni nponece (1) 3aBHCHT TOIBKO OT OITHOT'O
TIOJIOIK HTEJIBHOrO TIapaMeTpa .

B samatax 9KoOHOMHMKH BcTpedarorcs Gosee CIIOMCHDIe HTEepaLHOH-
Hbic npoueccel. Hanpumep, nponece

Tnt1 = Az (1 -z,)" n=0,1,2... (2)
nopox maerTecs OOHOMEPHBIM OTOGPaREHHEM

Lyap (@) =Azy (1~ 2,)® n=0,1,2... (3)
KOTOpoe HaskIBaeTcs OGOCINEeHHBIM JIOIHCTHIECKHM OrobpaskeHuem.
3meck «, B B A — HOJIOKHTEIbHbIE napamMeTpuYecKHe MoCTOSHHBIE.
B macrosme#n pa6ore 6ymer uccnenoBano noBegeHHe 0TobpaxKeHus
L a,p () B 3aBHCHMOCTH OT napaMeTpoB o, S | .

HapapraaHTHBIE MHOXKECTBA

Ogerunno, 9ro oTO6paiKeHHe Ly ap(z) 6ymer KCppeKTHO OmmH-
ChIBATE HTEPallHOHbIH mpouece (1) TOJIBKO TOrma, KOrmi HMeeT MecTo
BKJIOYEHHe Ly o,5(0,1] C [0, 1].

OueBunno, 910 O0TpE3OK [0, 1] MOMIKEH BBHITH MHBapHaE THBIM MHOMe-
CTBOM IIO OTHOIIEHHIO K IEeHCTBHIO oToOpaskenus (1).

XopomIo H3BECTHO, YTO 3TO CBOMCTEO MHBAaPHaHTHOCT!1 COXpaHdercsd
e < A<4Ba=0=1.
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Harinem Telephk aHAJIOTHYHBIE YCJOBHS W IJs 0600MIEHHOr0 JIOTH-

CTHYECKOro oT)0paKeHus.
JLJ1st 5TOM I eJTH HccylexyeM Ha MaKCHMBM QYHKUHI Ly o 5 (T):

2 =2 (- (1 - ) - fa] =
=" *(1-2)""a—-(a+8)z]

Togsxamu sr.cTpeMyMa nocnenHeH (PYHKLHUH SBJISIIOTCS TOIKH:

#=0] #=1 p=aflatd <1

OgeBunHO, 9TO BCe TQYKH NpHHALJEKAT OTPe3Ky [0, 1] H TouKkH = =
01z = 1 9BAAIOTCA TOYKAMH MEHHMyMAa. CJleloBaTeIbHO TOYKA T =
a/ (a+ () aBIgeTCs TOIKOH MAKCHMYMA.
3HaveHHe OOYHKIHH QYHKLUHHA L) o p () B TO9KE MAKCHMYyMa TAKO-

o) (Y f
Lmaz—a(a+6) ((}_{_B) : (5)

Mgt Toro, 9To6e1 oTpesok [0,1] b1y HHBAPDHPHAHTHBIM MHOMKE-
CTBOM It GYHKUHH L) o s (r) HeOOXOMHMO H JOCTATOYHO, 9TOOBI
Lma.a: S i 8

Orcrona Bb TeKaeT orpaHHYeHHe Ha MApaMeTp A IIPH KoTopom Gymer |
BBITIOJIHATECS YCJIOBHE HHBAPHAHTHOCTH. y

310 ycnoBue 6yIeT HMeTh BHII

BO:

a+f 1
T ©
PaccMoTpH11 NoBeJieHAEe (DYHKI[HH
il a+f
F(a,B) =.(?!—'B“)§2; (7

IIPA BO3POCT: HHH OIHOTO mm oﬁoux ~aprymenToB. [IpeoGpasyem
F (e, ) cenyomum 06paaoM '

=-H1 -ﬁ-ﬂﬁ' ()
Beenem mepemMeHHEYy0 2 =..[3'/q.‘=T6rna}. o &, o ol | -
ren=fiet 1Y T=
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IIyers z = 0. Tormaa — co u

a— 00 Q=00

lim {(1+z)-(1+%) } =lm I - (14+2)=1"—>00 (10)
IIycTe Teneps z — oo Torma o — 0

1 z o
lim {(l—i—z)-(l-i“—) } =lim (1+2)-1° 9 0 (11)
a-—+0 z a—0
AHaJyioru4Hasl CHTyallHs HMeeT MecTo NMpH 3aMeHe o Ha . Orciona
BbITEKAeT CHACNYIOUIHH Pe3yJIbTaT

lim F(a,8) = lim F (o, 8) = 1

ﬂ>0 a}O (]2)
lim F(a,B)= lim F(e,8)= lim F(a,B8) =00 ‘
a— 00 B—r00 a— 00

B=0 a0 f—roo

Taxum obpasom, ysKuEg F («, §) aBjiseTcs BozpacTamomen B 06a-
cra D = [0, 00) X [0, 00).

OTO 03HAYAeT, 9TO ITPH PocTe v HITH 3 IpaHuLa 06JIaCTH HHBAPHAH-
THOCTH A 6yner oronBHraThcs Bpaso (6) 0 < A < F (a, ).

I'padrueckn noxaseM HaMeHHeHHe OHDYPKALIHOHHO B JHaTrPaAMMEb]
NpH (PHKCHPOBAHBIX o U 3, H IIEPEMEHHOM A.

1.2

Puc. 1 - I'pachrk orobpaskenus npu o = 1, 8 = 1, Liyax = 4

Puc. 3 noxaseiBaeT 4To0 II0 CPABHEHHIO C CTAHIAPTHBLIM 0TOGpasxke-
HHEM pHC. 1 NpH yMeHBIIEHHH K03(P@MHIHEHTa CTENeHH (@ UTEPaALlHH
pacrioyiosexsl 6oJiee NJIOTHO H HAYT NPAKTHIECKH BHOJE [TEPBOH HTe-
panuH. ATO IMPHBOLHKT K TOMY, YTO 3HaYeHH (PyHKLHH (2) panbme 1o-
XOOAT 10 npenena orodfpaxenys; TOYKH HA9aia Xa0THYECKOro Iponec-
ca pacrioJiosKeHbl HaJibIe OpyT OT Opyra.

Puc. 2 nokaseiBaer, 4To IIpu yBeJiH4eHHH KoadduumeHTa [ HTe-
PalliH pacIoJIONKeHbl MeHee MJIOTHO NPYT OT IpYyra, HO BCe PABHO Cie-
IYIOT BIOJIb IIEPBOH HTEePAllHH. JTO MO3BOJISIET TOYKAM KA ION HTepa-
LHH B XA0THYECKOM 0TOOpalKeHHH pacrionaraTecs 6ojee rnioTHo U yBe-
JHYHTE Npepnesn orobpaxeHuds byHKUHH. B Hejyom 3xe 3a cgeT BbIOO-
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i

0

Pac. 2 - 'pacduk orobpamenus npa « = 1, f = 2, Lpax = 6.75

12.

o o5 D T 9 25 3

Puc. 3 — I'padux orobpamenus npu « = 0.5, 8 = 1, Lmax = 2.598

16
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Puc. 4 — I'pacouk orobpaskerus npe a = 0.5, f = 2, Linax = 3.49
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pa HeCKOJIBKHX 3HA4YEHHH I[TapaMeTpPOB BO3MOIKHO MPHOJIHIKEeHHO Ipe-
CTaBHTH CJIOJKHBIE THHAMEYECKHE IIPOIECCHI.
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